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Abstract—The usual way of modeling variability using thresh
old voltage shift and drain current amplification is becoming 
inaccurate as new sources of variability appear in sub-22nm 
devices. In this work we apply the four-injector approach for 
variability modeling to the simulation of SRAMs with predictive 
technology models from 20nm down to 7nm nodes. We show that 
the SRAMs, designed following ITRS roadmap, present stability 
metrics higher by at least 20% compared to a classical variability 
modeling approach. Speed estimation is also pessimistic, whereas 
leakage is underestimated if sub-threshold slope and DIBL 
mismatch and their correlations with threshold voltage are not 
considered. 

I. INTRODUCTION 

With the reduction of device sizes on future CMOS tech
nologies the mismatch of device parameters is expected to 
increase and turn to play a major role. Predictive models [1] 
allow us to foresee the behaviour of the transistors beyond 
the 22nm node. These models are especially helpful for those 
circuits that are more sensitive to variations, like SRAMS [2], 
that occupy large areas of modern-day system on chip. Local 
mismatch appears more frequently, significantly reducing the 
reliability of SRAMs if not considered during design. 

Commercial technologies usually provide compact models 
with the variability information included in the model. The 
parameters in the model card are functions of random variables 
based on silicon measurements achieving an accuracy suitable 
for simulations. 

Unfortunately this information is not always available, 
this is the case of predictive technologies where only the 
nominal device is accessible. Accurate variability simulations 
are nevertheless required for those models in order to foresee 
design requirements that would be necessary, such as write-
assist techniques [3] or testing new circuits. This has been 
traditionally bypassed by randomly varying some parameters 
of the devices. A variation on the dimensions of the transistor, 
L and W, can be used as an approximation of the devices 
intrinsic physical parameter mismatch that are at the source of 
variability. 

The two-injector model [5] adds two external power 
sources to modify the transistor electrical behaviour by tuning 
its threshold voltage and drain-source current, see Figure la. 
This method presents the advantage of directly dealing with 
electrical parameters, whose effects in performance are easier 
to understand, and that are directly measurable from silicon. 
Notably, the voltage source that models threshold voltage is 
directly linked to the coefficient AVt, usually reported for a 

MISMATCHED FET 

NOMINAL FET l-V CURVE 

MISMATCHED FET l-V CURVES 

(a) 

MISMATCHED FET 

NOMINAL FET l-V CURVE 

MISMATCHED FET l-V CURVE 

(b) 

- NOMINAL FET l-V CURVE 

- MISMATCHED FET l-V CURVE 

(c) 

Fig. 1: Injectors used to model (a) threshold voltage and drain-
source gain (two-injector approach), (b) sub-threshold slope 
and (c) DIBL proposed in [4] and their respective effects in 
the l-V curves of the transistors. 

given technology [6], that links the size of the transistors to 
the magnitude of the mismatch. 

The two-injector model has shown reasonable accuracy for 
technology nodes down to 45nm, but for upcoming technolo
gies new sources or variability become relevant such as drain 
induced barrier lowering or sub-threshold slope [7]. 

Process variation modeling for predictive models is a 
concern widely considered in the literature. [8] modeled the 
variability using threshold voltage as a source of variability 



to evaluate stability of 9T SRAMs for the 32nm node. [9] 
performed a full PVT analysis of 6T SRAM cells down to the 
7nm node, however their variability modeling only considered 
two sources of mismatch: EOT and TOXE, which is inaccurate 
as the technology shrinks. 

It was shown in our previous work [4] that a four-injector 
approach, adding two supplementary power sources to model 
DIBL and sub-threshold slope mismatches as shown in Fig
ure 1 enhanced the accuracy of Monte-Carlo analysis when 
simulating the key performance and stability metrics of an 
SRAM cell, as well as the yield of a whole memory. 

In this work we apply the four-injector variability modeling 
to predictive technology nodes from 20nm down to 7nm 
using randomly generated injectors, opposed to the injectors 
generated to fit already known statistical compact models used 
in [4], and compare the results to those obtained using a two-
injector only approach, also randomly generated. 

In the next section the methodology used in this work is 
explained, we first validate the random generation of four-
injector sets and we explain how the mismatch figures are 
scaled across nodes and device sizes and introduce the targets 
followed during SRAM designs as well as the metrics used. 
The following section presents the performance and stability 
results and in the end conclusions are drawn. 

II. METHODOLOGY 

In this section we first validate the method used to ran
domly generate the injectors for different technology nodes. 
Then, we explain how we scale the mismatch magnitudes from 
one node to another based on the transistors areas. Finally we 
introduce the metrics measured during the variability simula
tions of the cells and which requirements they have to fulfill 
based on the ITRS roadmap. 

A. Validation of Injectors Generation 

In [4] the sets of four injectors were generated to reflect 
exactly the same variability as the 1000 model cards used as 
a reference in a one-to-one association. This was useful to 
validate the accuracy of four-injector variability modeling but 
its application were limited as the statistical compact model 
were necessary. We show here how injectors can be randomly 
generated based on the correlations obtained in [4]. This 
allows us to apply mismatch to technologies with no variability 
information available, to scale the mismatch magnitudes based 
on the device areas to figures reported in the literature as well 
as generating any arbitrary number of Monte Carlo points. 

In order to validate the accuracy of randomly generated 
injectors we have simulated SRAM cells under variability. A 
reference of 1000 compact models [10] that include variability 
were used. Then, 1000 sets of four and two injectors chosen 
to reflect the same mismatch as the compact models were 
simulated, This is, for each sample from the compact model, 
there is one set of two injectors and one set of four injectors 
that are chosen to match the same variability metrics than the 
compact model. Finally 10000 Monte-Carlo simulations were 
run using randomly generated sets of four injectors, there, the 
mean, standard deviations and correlations of the variability 
metrics of the generated injectors match those of the compact 
model, but there is not a one-to-one correspondence. 
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Fig. 2: Threshold voltage, drain-source current gain, DIBL 
and sub-threshold slope injectors generated following the 1000 
model cards, compared to 10000 injectors randomly generated. 

Injectors are generated taking into account the fact that the 
drain to source current, the threshold voltage and the logarithm 
of the leakage current are linearly correlated on the one hand, 
as well as the sub-threshold slope and DIBL on the other 
hand. The sub-threshold slope being directly derived from the 
leakage current and the threshold voltage. 

Figure 2 shows the threshold voltage variation versus sub
threshold slope injectors and drain-source current gain versus 
DIBL injectors respectively of the 1000 injectors generated 
from the compact models and 10000 injectors randomly gener
ated using the correlations previously described. A good match 
between the clouds of the randomly generated injectors and the 
ones fitting the compact models can be observed. 

Also we have calculated the yield of an SRAM array 
shown in Figure 3 as an additional validation step to compare 
the accuracy of the different approaches. The already proven 
enhancement obtained using four injectors instead of two 
can be seen. In addition it shows a perfect match between 
randomly generated injectors and the reference four-injector 
curve, concluding that the good match of the variability metrics 
observed in the clouds in Figure 2 translates into a good 
matching of the yield figures. 

B. Generation for predictive technology nodes 

We use the previously introduced correlations to generate 
random injectors for other technology nodes, instead of the 
node for which we already had variability information, and 
that only was done for validation purposes. 

While the correlations are kept constant, the spreads are 
scaled according to the device areas following Pelgrom's 
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Fig. 3: Yield of an SRAM memory for different supply 
voltages. The four-injector technique shows a better approx
imation to the results of the model than only two injectors. 
The randomly generated sets of four injectors match exactly 
the results of model generated injectors. 

rule [6]: 
A 

& Metric 
Metric 

y/Are 
(1) 

This rule has been traditionally applied to the threshold voltage 
mismatch, however it is a generic formula that can be applied 
to different metrics [11]. 

In our case, we deal with FinFET devices, whose equivalent 
area is computed as [12]: 

Area = L • (2 * Hfin + T fin) N fin (2) 

where L is the gate length, Hfin 

the fin height and width and Nf 
transistor is made of. 

and Tfin are respectively 
n is the number of fins the 

In addition to scaling the mismatch magnitudes depending 
on the areas of the devices for each node, we scale them 
to achieve mismatch figures comparable to those reported 
in the literature. The coefficient Avt is chosen to be of 
1 mVfim which is a value to which current technologies are 
converging [13], [14]. The other AMetric coefficients for drain-
source gain, DIBL and log{I0f¡) mismatches are scaled by the 
same factor than Avt taking as a reference those measured for 
the 1000 model cards [10], [4]. 

C. Memory modeling 

In this work we will simulate SRAMs with predictive 
technology devices corresponding to the 20nm, 14nm, lOnm 
and 7nm nodes from the Arizona State University [1]. The 
device dimensions are shown in Table I. 

The memories designed in this work follow the In
ternational Technology Roadmap for Semiconductors direc
tives [15]. The ITRS SRAM performance targets correspond
ing to each node of the predictive technology are summarized 
in Table II. 

TABLE I: FinFET dimensions of the Arizona University 
Predictive Tecnology Models [1] used in this work. 

Node 
Supply Voltage 

Gate Length 
Fin Height 
Fin Width 

20 nm 
0.9V 
24 nm 
28 nm 
15 nm 

14 nm 
0.8V 
18 nm 
23 nm 
12 nm 

10 nm 
0.75V 
14 nm 
21 nm 
10 nm 

7nm 
0.7V 
l l n m 
18 nm 
7nm 

TABLE II: ITRS targets for SRAMs corresponding to the 
technology nodes considered in this work. 

Node 
Year 

F - half pitch 
6T Cell Area 

Delay (HD) 
Delay (HS) 

Leakage Power (HD) 
Leakage Power (HS) 
Metall Capacitance 

20 nm 
2013 

35 nm 

14 nm 
2016 
25 nm 

10 nm 
2019 
18 nm 

7nm 
2022 
13 nm 

140F^ 
0.80 ns 
0.15 ns 

1.5 nW/cell 
luW/cell 
1.9pF/cm 

0.50 ns 
0.10 ns 

2nW/cell 
2uW/cell 
1.9 pF/cm 

0.30 ns 
0.07 ns 

2.5 nW/cell 
3uW/cell 
1.8pF/cm 

0.30 ns 
0.07 ns 

3nW/cell 
5uW/cell 
1.6 pF/cm 

We will focus on two memory sizes 16kbit for high-speed 
and 2Mbit for high density. Given the sizes of the memories 
and the size of the cells (140Í12), and the capacitance of the 
metal lines (CMi) according to ITRS in Table II and assuming 
the array is designed to have a square aspect ratio, we can 
calculate the bit-line capacitance as: 

(^bit-bit—line VUOF2 • C Ml (3) 

this bit-line capacitance is one of the main sources of delay 
and dynamic power consumption in SRAMs. 

The limiting delay in SRAMs happens during read opera
tions, that consist on a small cell discharging a large bit-line 
capacitance in opposition to a write operation, where the bit-
line is discharged by the periphery, less subject to variability 
and able to manage higher currents. Considering that the sense 
amplifiers would be designed to require a voltage difference of 
10% of the supply voltage the delay due to the cells discharging 
the bit-line will be: 

Uel(iyceii Vsense amplifer ' ^bit—line / -¡-read \ v 

where Iread is the read current of the SRAM cell. 

In other words, assuming that cells account for half of the 
read delay (the other half is due to the periphery), the read 
current that the cells will be required to drive is: 

Ir 
r .in. • (^bit-bit—line 

DelayITRS/2 
(5) 

where Delay IT RS is the delay requirement set by the ITRS 
roadmap for each node and each SRAM type (high density or 
high speed). 

Finally, the static power is computed from the leakage 
power of the cells and the nominal supply voltage of the 
technology as: Pstatic = Vdd • leakage-

In addition to Iread and leakage performance metrics, that 
will determine the speed and static power consumption of the 
cell, read and write static noise margins are simulated to ensure 
the read stability and write ability of the cells. A cell presenting 
a negative read static noise margin will not be able to retain 
its contents during a read access, on the other hand a cell 



presenting a negative write static noise margin will not be able 
to flip its contents during a write access. 

All those metrics are simulated under variability obtaining 
correlated normal distributions for read and write stability 
metrics [16]. This allows us to infer the failure probability 
and yield of the memory. 

In order to optimize the performance and stability tradeoff 
of the cells, the number of fins of the transistors can be changed 
for which we have retained three topologies: 111, 112 and 123, 
where the numbers represent the number of fins of the pull-
ups, the pass-gates and the pull-downs respectively. In addition 
the nominal threshold voltage of the transistors is allowed to 
be tuned, this is still possible in FinFET technology, despite a 
fully-depleted channel, using the gate work function [17]. 

III. RESULTS 

In a first step the nominal metrics of all the possible cells 
obtained by tuning the threshold voltage of the transistors, 
and for the three topologies considered were simulated. Cells 
whose nominal metrics did not meet the stability and perfor
mance thresholds introduced before were discarded. 

The remaining cells were simulated with mismatch using 
both four-injector and classical two-injectors methods obtain
ing their metrics now under variability. The results for those 
cells are shown in this section. 

A. Stability Results 

The cells simulated under variability using two and four-
injector methods have been filtered so that they meet the speed 
and static power consumption targets. The cells presenting an 
optimal read and write stability tradeoff from those passing the 
speed and power check are shown in Figure 4 for nodes 20nm 
(top) to 7nm (down) and for the three topologies considered. 
Each point represents one of the different cells obtained by 
tuning the threshold voltage of the transistors, given the metrics 
considered, the variability is already included, a line joins the 
optimal cells while the others are not represented, fronts for 
two and four injectors are shown. Those results were obtained 
for a high density memory, as described in the methodology 
section, but the same conclusions are drawn for the high speed 
case. 

The metrics shown in the plots are the mean of each metric 
divided by its standard deviation, which is more representative 
of cell reliability than just the absolute numbers. As expected 
given the size of the cells, 123 presents better figures than 112 
and than 111. This is due to their larger area, thanks to the 
higher number of fins, that reduces their mismatch following 
equations 1 and 2. 

In addition we can see that using two-injector method to 
model variability systematically underestimates the reliability 
of the cells by at least 20%, this has been calculated as the 
shortest distance between the curves shown in Figure 4 and 
with respect to four-injector results. The detailed results for 
all the nodes and topologies are shown in Table III. 

This would lead to wrong conclusions regarding 6T 
SRAMs viability, if for example we ask cells to have read and 
write stability metrics above six sigmas, which is necessary to 
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Fig. 4: Read and write stability metrics expressed as mean 
divided by standard deviation for the nodes and topologies 
considered. 

build large arrays with reasonable yields. No cells will achieve 
this in the 7nm node and only the 123 topology will meet 
constraints in the lOnm node. A more accurate four-injector 
approach shows that all topologies are able to achieve six-
sigma metrics in the 20 and 14nm nodes, 123 and 112 can 
make it for lOnm, and it is still conceivable in the 7nm node 
using the 123 topology. 

Some of the numbers shown in Figure 4 might seem 
very high at first sight, but it has to be noted that this 
happens for current nodes, that can no longer be considered as 
predictive, and for a mismatch magnitude that is expected to 
be achieved in the future as explained in Section II-B. Actually 
a more realistic scenario would be a mismatch magnitude that 
would improve together with the technology node, but this is 
irrelevant as we make the comparisons within the same node. 



TABLE III: Detailed underestimation using two-injector 
method of stability metrics shown in Figure 4 for each tech
nology node and cell topology. 

^ > ^ T e c h n o l o g y 
,,, , ^"--•J 'Jode 
lopology ~̂~-̂ _ 

111 
112 
123 

20 nm 

- 2 3 . 5 % 
- 2 5 . 3 % 
- 1 9 . 6 % 

14 nm 

- 2 6 . 1 % 
- 2 6 . 1 % 
- 2 9 . 5 % 

10 nm 

- 2 7 . 6 % 
- 2 3 . 1 % 
- 2 7 . 9 % 

7nm 

- 2 1 . 5 % 
- 2 2 . 2 % 
- 2 4 . 1 % 

80 

U ¿ 
" O 
CO D 
<V *~ 

& m 

_ i 

E -> 20 
o 

60 

40 
•^V' 

=w" 

r->-r H* * 
.jL' <• • ••' • 

ST*-' 

10"" 10"" 10" 
Mean Leakage Current [A] 

Fig. 5: Static power (limited by leakage) and speed (limited 
by read current) performance metrics, under variability for all 
the nodes and topologies considered. 

TABLE IV: Detailed underestimation using two-injectors 
method of the speed metric shown in Figure 5 (vertical axis) 
for each technology node and cell topology. 

" \ ^ _ T e c h n o l o g y 
,,, , ^ " \ N o d e 
lopology ^ \ ^ ^ 

111 
112 
123 

20 nm 

- 4 . 3 % 
- 4 . 9 % 
- 3 . 7 % 

14 nm 

- 6 . 6 % 
- 6 . 9 % 
- 4 . 6 % 

10 nm 

- 6 . 4 % 
- 6 . 6 % 
- 5 . 0 % 

7nm 

- 7 . 7 % 
- 7 . 3 % 
- 5 . 8 % 

TABLE V: Detailed underestimation using two-injectors 
method of the mean leakage current shown in Figure 5 
(horizontal axis) for each technology node and cell topology. 

~ \ < r e d i n o l o g y 
,,, , ^ " \ N o d e 
lopology ^ \ ^ ^ 

111 
112 
123 

20 nm 

- 2 4 . 2 % 
- 2 4 . 2 % 
- 1 5 . 0 % 

14 nm 

- 3 7 . 5 % 
- 3 7 . 5 % 
- 2 2 . 8 % 

10 nm 

- 4 8 . 9 % 
- 4 8 . 9 % 
- 2 9 . 3 % 

7nm 

- 6 9 . 5 % 
- 6 9 . 5 % 
- 4 1 . 2 % 

B. Performance results 

Figure 5 shows the optimal tradeoff of the two main 
performance metrics: the leakage current, responsible for the 
static power consumption of the memory, and the read current 
responsible for the read delay of the memory. As for stabilities, 
the optimal fronts of the different cells obtained by tuning the 
threshold voltages are show for two and four injectors. 

For the read current we used the mean minus three standard 
deviations as a metric to take into account variability, as 
the slowest cell will limit the speed of the whole memory, 
whereas the mean value of the leakage current is kept, this 
will determine the static power of the memory even if some 
cells consume more and other cells consume less. 

The plots show that both read and leakage currents are 
underestimated when only two injectors are used, as a conse
quence, two-injector model is pessimistic estimating the speed 
of a memory but optimistic to estimate its static power, with 
respect to the more accurate four-injector method. 

The discrepancy in the read current is mainly due to a 
higher spread under variability: the standard deviation of the 
read current is overestimated by 12 to 20% while differences 
in the mean value are negligible. This leads to a too pessimistic 
worst case estimation of the read current seen in Figure 5. The 
detailed results for speed are shown in Table IV. 

The additional modeling of sub-threshold slope variability 
when a four-injector approach is used increases the spread of 
the leakage current of the transistors and as a consequence, of 
the SRAM cells. This finally results in an increased mean value 
of the leakage current for the memory due to the log-normal 
distribution that this metric follows, making the two-injector 
method to underestimate the leakage power by 15 to 70% as 
detailed in Table V. 

IV CONCLUSIONS 

The random generation of sets of four injectors to model 
variability is proposed in this work, and used to simulate 
stability and performance metrics of SRAM memories using 



predictive technology models corresponding to nodes 20, 14, 
10 and 7nm. 

We show that for a nominal power supply stability metrics 
using only two injectors are systematically underestimated 
by at least 20%, leading to wrong conclusions regarding the 
viability of 6T SRAMs. A four-injector variability modeling 
shows that six-sigma stability metrics is still achievable in the 
7nm node using 123 fin topology making large arrays with 
reasonable yields conceivable. 

The reason behind that is an overestimation of the spreads 
of the metrics, in the same way this affects the read current 
of the cells whose worst case value is also underestimated by 
the two-injector method. 

As the sub-threshold region is reached the spread in the 
drain-source current turns to be underestimated by the two-
injector approach. The leakage current spread, that was a 
consequence mainly of threshold voltage mismatch is in
creased when sub-threshold slope and DIBL variability and 
their correlation with threshold voltage mismatch. 
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